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Report to Referee on the Manuscript EPJ C-08-01-019

Fist of all, thanks for your careful reading through our paper and your
comments and very useful suggestion on our manuscript “EPJC-08-01-019". We
revise our manuscript according to your comments/suggestions carefully:

1. >Ql: “In my first report, I question the sign of the off-diagonal elements in the
>inverse of metric in Eq.(9) {in the original manuscript}). 1 cannot find the replay
>and revision on the problem”.

Completely correct! We have missed a minus for the off-diagonal clements (g
and g21) in the inverse of metric in the original manuscript. By a careful checking,
we found that this is a typo error, and it has been corrected [see Eq.(13) ] in the
revised manuscript.

2. >Q2; “Since h? terms have been taken into account in the determinant of metric,

>the super-potential, and the energy-momentum pseudo-tensor, the B and

> k2 in the inverse of metric should also be taken into account so that the results

>are credible”.

Quite reasonable! It is right that in order to give complete and credible
results, the AZand h terms must be considered, not only in the determinant of

metric, the super-potential and the energy-momentum pseudo-tensor of the
high-frequency gravitational wave (HFGW) field, but aiso in the inverse of

meiric. In the revised version, we keep all the hZand & terms when necessary.
More explicitly, we list all of them in the following.

(1)According to Egs.(9) and (10) and using g,,g* =4, , we re-calculated

non-vanishing components of g*" and H , where we neglected the
third-order and higher-order infinite small quantities of h. In this case, since
gZand g* contain only the first-, third- and higher-order quantities and do not
contain the second-order quantities, their expressions in the revised and in the
original manuscripts are the same. However, because g''and g? contain the

first-, second {quadratic)-, third- and higher-order terms of h, they are different
from the relative terms in the original manuscript. Then the non-vanishing
components of the contravariant metric are
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From these expressions and Egs.(8)-(10), many components of the
super-potential, H, H”®, H’, H,', Hy ,H} and H® in the revised
paper are different from that in the original manuscript.

(2)In our case ,the energy density 5 and energy flux density ct; of the
HFGW propagating along the z direction depend only on HP and [T, which

dependent only on g, g"and g” [see Eq .(23)]. thus £ and r)in the

revised and in the original manuscripts are the same.




3.

In order to consider the electromagnetic (EM) perturbation effects generated by
the HFGW, we introduced Egs.(9), (10) and (13) (including the quadratic terms of
h in the inverse of metric) into the electrodynamical equations in the curved
spacetime, Egs.(36)and (37). It is found that unlike the energy and energy flux

densitities of the HFGW, Eqs.(24) and (26) (where f; and cf, contain only the
quadratic terms of h), the perturbative EM energy fluxes contain the first (e /2 )-,

second (och®)-, third (eck®)-, and higher-order terms. Since the order of

magnitude of h is about 107, then the second- and higher-order EM

perturbation terms will be less thirty orders of magnitude than the first-order
perturbation terms at least. Considering possible observation effect, the
high-order perturbation terms could be neglected.

All the changes in the revised manuseript.

1) we comected the sign of the off-diagonal elements in the inverse of metric
[see Eq.(13)]

2) we gave the concrete forms of non-vanishing components in the inverse of
metric, which contain the first-order and second-order ( quadratic) terms of h,
Eq.(13)

3} By using such expressions for the contravariant metric, we listed all
non-vanishing components for the super-potential, Egs. (14)-(23), where

H®, H®, HP, have the same form in the original manuscript, while

HY, H®, H’, H}', H}", HZ? and H? are different from that in the
original manuscript.

4) We gave the concrete expressions for the circular polarized HFGW in the
z-direction, Eq.(35).

5) We gave more obvious expressions for the electrodynamical equations in the
curved spacetime, Egs.(38) and (39), which contain the contributions from the
first-, second- and higher-order EM perturbations. Of course, considering
possible observation effect, we neglected the all high-order EM perturbations.

As a summary, we have done our best to revise the manuscript. We hope this
revised version is deserved to be published in EPJC.

Best regards.
Fangyu Li (on behalf of all the authors)
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Third Report

The revised version has got much improvement. However, 1 think that the authors should
make more explanation on the following problems before the manuseript to be published in
EPJC.

It seems to me that the propagating direction of N3 depends on the choice of circular
polarization. The authors should consider the other circular polarization of GW, namely,

he = (A(kg)/a(t))expli(kyz — wgt)]
he = —i(A(ky)/a(t)) expli(kyz — wgt)]-

Will the above circular polarization result in the opposite propagating direction of N7 1t
it won’t, how to understand the symmetry between z > 0 and z < 0 is broken due to the
interaction betwen EM and GW? If it will, how to distinguish PPF from BPF since both
circular polarizations exist in HFRGW at the same time?

Tn addition, there are still some typos in the manuscript. For example, EMPT is sometimes
written as EMDT and sometimes as EMTD. Gertsenshtein effect is mistyped as Gersten-
shtein effect. The word ‘ransversal’ seems to be ‘transverse’. The word ‘examplar’ seems
to be ‘example’. -




Response to the Third Report

First of all, thank you for your careful reading through our revised version again and your
very interesting and valuable problems.

1.4Q1:It seems to me that the propagating direction of N{Udepends on the choice of
circular polarization. The authors should consider the other circular polarization of GW,

namely,
he = [A(kg)/a(t)] expli(kyz — wyt)]
he = —i[A(k,)/a(t)] expli(kyz — wgt)]-

Will the above circular polarization result in the opposite propagating direction of N{V? If
it won’t, how to understand the symmetry between z > 0 and z < 0 is broken due to the
interaction betwen EM and GW? If it will, how to distinguish PPF from BPF since both

creular polarizations exist in HFRGW at the same time?”

In our electromagnetic (EM) syster, the propagating direction of NV depends on the
choice of circular polarization of GW. Thus, the above circular polarization states of GW will
result in the opposite propagating direction of N but the PPF can still be distinguished
from BPF due to the quite different acting effects of the fractal membranes to the PPF and
BPF. We shall discuss the following three cases:

(1).The GW has only the polarized state expressed by Eq.(35), ie.,

he = Ag expli{ksz — wgt)]
he = iAg expli(kyz — wyt)]

where AgAg = A(k,)/a(t). Eq.(35) is often called a right-handed circular polarized state (or
we call it as I-type GW). As is discussed in the manuscript (see section V-B: The separation
of the PPFs (signal) from the BPFs, P.24-25), then NV (the PPF) and N©® (the BPF)
propagate along opposite directions in the regions of 1st, 3rd, 6th and 8th octants, while
they have the same propagating directions in the regions of 2nd, 4th ,5th and 7th octants
(see Figs. 1,2,3 and 4). Using the above propagation properties and the acting effects of
fractal membranes, N{V) in the 1st and 3rd octants, in principle, can be distinguishable from
NO,
(2). The GW has only following polarized state Eq.(69)

1




he = Ag expli(kyz — wgt)],

he = —iAg expli{k,z — wyt)],
where AgAg == Al(kg)/a(t). Then it expresses a left-handed circular polarized state (or we
call it as T1-type GW). According to Eqs(38), (39) and (69), the propagating direction of
NWwill be opposed to that generated by the right-handed circular component, Eq.(35), and
N and N© will propagate along opposite directions in the regions of 2nd, 4th, 5th, and
7th octants, while they have the same propagating directions in the region of 1st, 3rd, 6th
and 8th octants. Thus, N in the 2nd and 4th octants but not in the 1st and 3rd octants,
in principle, would be distinguished from the N©O

(3).The both I-type and II-type GWSs exist at the same time. Then the PPFs ( here we
defined them as Nﬁ) and Nﬁ-}, respectively) generated by the I-type and II-type polarized
states will propagate along the opposite directions in the every octant (i.e., the positive and
negative directions in the x-axis). However, because the acting effects of fractal membranes
to N and N are quite different, N or N4 could be distinguished from NO,

For example, in the first octant, N_ﬁ) and Nﬁ-} propagate along the negative and positive
directions in the x-axis, respectively. This means that Nﬂ) propagates along the direction
toward the fractal membrane, while N and N{) propagate along the direction away from
the fractal membrane (see also, Figs.1, 9 and 10). In this case the PPF reflected (or trans-
mitted) by the fractal membrane will be only N but not N and N. Once NG is
reflected (or transmitted) by the fractal membrane, it can keep its strength invariant within
one meter distance from the fractal membrane [since special function of the fractal mem-
branes to the photon flux in the GHz band, see Refs. [56],57]!, while N decays as the
typical Gaussian decay rate exp(_%zf [see, Eq.(31)}, N&) decays as the exp(u—ﬁ“%) le.g.,
see, Eq. (59)]. Therefore, the ratio NS) /N® would has a comparable order of magnitude
in the distance of 35cm<x<37cm from the fractal membrane (e.g., see, Table I11), and Nﬁ-}
will be swamped by N due to the same propagating direction and the similar decay way
of them. Tn other words, in principle, N\’ can still be distinguished from NO,

There is a similar property in the 2nd octant, unique difference is that where the distin-
cuishable PPF from the BPF will be N but not Ny, Utilizing the similar means it is
found that the distinguishable PPF from the BPF in the 1st, 9nd, 3rd and 4th octanis will
be one kind of the PPFs, i.e., it will be N(P or Nﬂ-}

T
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2. Q2: Typos.

As pointed out by you that there are still some typos. TIn this revised version we corrected
the typos in the Latex file.

3. All the changes in the revised manuscript:

(1)We corrected the typos in the Latex file.

(2)We have added explanation on the propagating directions of N, 1) and the polarization
states of GW, including the possibility of distinguishing N{V from NO (PP.25-26)

Again, thank you for your important comments and very useful suggestions.

Best regards.

Fangyu Li (on behalf of all the authors)
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Abstract

We consider the electromagnetic (EM) perturbative effects produced by the high-frequency
gravitational waves (HFGWs) in the GHz band in a special EM resonance system, which
consists of fractal membranes, a Gaussian beam (GB) passing through a static magnetic field.
It is predicted, under the synchroresonance condition, coherence modulation of the HFGWs to
the preexisting transverse components of the GB produces the transverse perturbative photon
flux (PPF),which has three novel and important properties: (1)The PPF has maximum at a
longitudinal symmetrical surface of the GB where the transverse background photon flux (BPF)
vanishes; (2) the resonant effect will be high sensitive to the propagating directions of the
HFGWs; (3) the PPF reflected or transmitted by the fractal membrane exhibits a very small
decay compared with very large decay of the much stronger BPF. Such properties might provide
a new way to distinguish and display the perturbative effects produced by the HFGWs. We also
discuss the high-frequency asymptotic behavior of the relic (GWs in the microwave band and the

positive definite issues of their energy-momentum pseudo-tensor .
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1. INTRODUCTION

Unlike usual celestial gravitational waves {GWs) having low {requencies, which are often
a small fraction of a Hz, the relic GWs in the microwave band (~ 10° — 10" Hz), predicted
by the quintessential inflationary models (QIM){1-3], the pre-big bang scepario (PBBS) and
some string cosmology sceparios [4-7], form high-frequency random signals, their root-mean-
square (rms) values of the dimensionless amplitudes might reach up to ~ 10-%0-10~%/+/Hz,
and because of their weakness and very high-frequency properties, they are quite different
from the low-frequency GWs. The thermal motion of plasma of stars, the interaction of
the EM waves with interstellar plasma and magnetic fields, the evaporation of primordial
black holes [8), even ultra-high-intensity lasers 9] and other high-energy laboratory schemes
[10-12] are possible means to generate the HFGWs in the GHz band and higher frequencies.
Interaction of the HFGWs with the EM fields and the EM detection of the HFGWs have
been theoretically and experimentally studied by many authors [13-38]. These works include
the gravitation-EM conversion in the static EM fields(e.g., the Gertsenshtein effect and its
inverse effect), the cavity classical- and cavity quantum- electrodynamical response to the
HFGWs, resonant photon-graviton conversion, Barry’s phase in the EM detection of the
HFGWSs, resonant interaction of the HFCWs with the EM wave beams, the rotation of
the polarization vector of EM wave caused by the HFGWs in the toroidal waveguide, the
difference frequency resonant response of coupled spherical cavities, ete.

Although the relic GWs have not yet been detected, we can be reasonably sure that
the Earth is bathed in the sea of these relic GWs. Since 1978 such relic and primordial
background GWs have been of ever increasing scientific interest as many researches have
shown [39-42].

Based on high-dimensional (bulk) spacetime theories, it has also been theoretically shown
143, 44lthat all familiar matter fields are constrained to live on our brane world, while gravity
is free to propagate in the extra dimensions, and the HFGWs (i.e., high-energy gravitons)
would be more capable of carrying energy from our 3-brane world than lower-frequency GWs.
It is noted that propagation of the HFGWSs may be a unique and effective way for exchanging
energy and information between two adjacent parallel brane worlds [45-48]. Moreover, if
the pre-big bang scenario is correct, then the relic CWs would be an almost unique window

from which one can look back into the universe before the big bang [6, 7, 49]. Although




these theories and scenarios may be controversial and whether or not they have included
a fatal flaw remains to be determined. The successful detection of the high-frequency relic
gravitational waves (HFRGWs) will certainly shed light on many of these theories.

In this paper we shall discuss some ideas and theoretical basis for selection and detec-
tion of the HFGWs with the predicted typical parameters v, ~ 5 x 10°Hz (5GHz) and
Porms ~ 1073 — 10733 / VHZz[1-7, 39, 40]. This paper includes following seven parts: (1) In-
troduction; (2)Asymptotic behavior of the relic GWs in the high-frequency (the microwave
band) region and positive definite issues of the energy-momentum pseudo-tensor of the
HFRGWs; (3) The EM resonant system to the HFRGWSs, ie., the coupling system of the
fractal membranes and a Gaussian beam (GB) passing through a static magnetic field;
(4)The EM resonant response to the HFRGWs and some numerical estimations; (5) Selec-
tion and detection of the PPFs; (6) A very brief review to the noise issues; (7) Concluding

remarks.

II. THE HIGH-FREQUENCY RELIC GRAVITATIONAL WAVES IN THE GHZ
BAND

1. High-frequency asymptotic behavior of the relic GW in the microwave band.

Tt is well known that each polarization component hg;(n, €)of the relic GW can be written

as[1, 2, 50|
= 0

. exp(zk - )eij, (1)

The time dependent of h is determined by the p(n) satisfying the equation

ﬁ + (kz - a’/a)f-" = 07 (2)

where @ = g%, a = a(n) is the cosmology scale factor, 7 is the conformal time. In fact, the
Eq. (2) has different exact solutions [51, 52] in the different evolution stages of the Universe,
their analytic forms are often very complicated. Fortunately, for HFRGWs in the GHz band
(ie., the relic gravitons of large momentum), we have k2 > |i/a| in Eq.(2), ie., term d/a
can be neglected, then the solution forms can be greatly simplified. In this case Eq. (2) has

the usual periodic solution
p(n) = A1 (k) exp(—ikn) + As(k) exp(ikn). ®3)
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By using Egs. (1) and (3), we have
h= A;(k)/a(n) expli(k - @ — kn)] + As(k)/a(n) explilk - = + kn)], (4)

Consequentially, the HFRGWSs can be seen as the superposition of all “monochromatic

components”, Eq. (4).
2. The positive definite issues of the energy-momentum pseudo-tensor of the HFRGWs.

If the relic GWs do exist and have an observable effect. they should have reasonable
expressions for their energy-momentum pseudo-tensor (EMPT). In particular, the energy
density of the relic GWs should be positive definite, and the momentum density components
should have reasonable physical behavior. Although the energy spectrum of the relic GWs
and their imprint on the cosmic microwave background have been much discussed, there is
little research into the complete forms of the EMPT of the relic GWs [3, 53], this research
may provide a theoretic basis for existence of relic GWs and their detection. Unlike previous
works, our attention will be only focused on the EMPT of the HFRGWs in the GHz band,
especially the positive definite property of the energy density of them.

The relic GWs are small corrections to the background metric tensor, the spacetime

background is the de Sitter spacetime, and the metric takes the form{39, 40

ds? = 0.2 ('I’}) [—dTF + (55‘-; + hu)da:’dmﬂ = gw,d.’,t“d.’ﬂy, (5)
Quv = G T azh;.w: (6)

where
gy,w = (_a27a2: a'25 a’z)) (7)

8;; is Kroeneker symbol. Because the sea of the HFRGWSs can be seen as the superposition
of all “monochromatic components” of the Fourier expansion, each “monochromatic com-
ponent”, Eq. (4), contains every possible propagating direction. In this case, we consider a
single “monochromatic wave” propagating along the z-axis in Cartesian coordinates without

loss of generality. From Eqgs. (5)- (7), then the metric has following form in Cartesian

coordinates




0 012(1 + h@) 02h® 0

G = ’ (8)
g 0  a’hg a*(1—hg) O
0 0 0 a?
From Eq. (8), we have
goo = —a2, gn = a*(1+hg), g = 0*(1-he), gss=a’, gi2=gn=a’hg, (9)
and
g = det(g) = (2 + % — 1) (10
Expressions of the Einstein EMPT are [54]
A
Vgt = o 11
e = 162G By (11)
where
Vo 1 v oY aoX vy
H" = gml—a(g”9™ ~ 479" . (12)

V-3

is the super-potential. Since h? terms have been taken into account in the dete;minant of
metric,Bq.(10),and the EMPT for gravitational field concerns quadratic terms of h, the b},
and hZ terms in the inverse of metric should also be taken into account. By using Eqgs.
(8),(9),(10) and g.og™ = &, neglecting third- and higher-orders infinitely small quantities,

we obtain non-vanishing components of g** and H;™ in empty space as follows

00 __ -2
g r=—a",

g = 0 2(1-hg + b2 + BL), g2 = a > (1+he + hE + h2), (13)

FB=a2, gl2=g%= — o 2hg,

1
_ 30 060 33 _ 272712 2
Hg?' = ——Ho = ﬁgm (»-—gg q )’3 = —2ika (hGB + h®), (14)
g — "H1m _ 1 g (ggngOO) + 1 gz (ggugoo)
1 F____g Ri] /_g 0
= dad — ahg — 2ad(hge + h?@) - az(h@hq; + hghg), (15)
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1 1
H?Z _ _H%n _ __\/_____ggn (9921900) o + \/__ggm (9922900) o

= ”fz(h@:ibes - h@h@v) - Gzh@: (16)
HP® = —-H'= Lo (—gg''g™) , + L oo (—994*) ,
VAT V=9
= —ika®(he + b2 + h3), (17)
1 1
23 __ 32 21 33 33 _ -7, 2
Hi = —H" = —Z=gu (—99%9™) 5 + =50 (~999%) , = —ika’hg,  (18)
HOI — _Hll] — 1 ( 11 00) a4 1 ( 12 OD)
2 = 2 = ‘/——921 99 -'—'\/_—ggzz 999
= d*(hohe ~ ho — hs), (19)
H02 — 20 1 ( 21 UD) 4 1 ( 22 00)
2 = 2 = ﬁgzz 99 9 ) \/_—9922 9979 } o
= 40i+ athe — 20a(B2 + ) — a*(hohe + hohs), (20)
1 1
13 31 __ 11 33 12 33 _ 7.2
0y = - = o= (-99"5%) o + =52 (—99'%¢%) , = —ika’hg,  (21)
HE = —H = ——gn (~09"9%) o + S0 (~0576%) 4
> Vg V=3
= ika(hg — hy — h), (22)

1 .
HY = —H = ——=om (99%4™)
= 4aa — 2aa.(h2 +h2) — 20 (hohe + heohs), (23)

From Egs. (4)-(10), (13)and(14), we obtain the energy density and energy flux density as

follows, respectively

4 Ak2

9 — € yy00

] lsﬂ_G\/____g‘Hﬂ,a‘ AnGla 2( (3] + h ) (24)
oy = cH3% = cty = cHS =0, (25)
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I 30 ikc®

o = TN H3? = [a(h2, + h2) + alhohs + hohe)]. (26)

4rGa®

For the “monochromatic components” of propagating along the x- and y-axises, we have the
same expression for the energy density, Eq. (24), but t§ = ¢§ = 0 and {5 = 3 = O,respectively.
The energy flux density also has the same form, Eq. (26). Thus, the energy density of the
HFRGWs is positive definite, and the energy fiux densities have reasonable physical behav-
ior in the conformal time coordinates. If we integrate the EMPT for all “the monochro-
matic components” of the HFRGWs, then we can find that the EMPT is homogeneous and
isotropic. Riazuelo and Uzan [3Jobtained an expression for the EMPT of the relic GWs in
the momentum space, the average values of such expressions for the EMPT have reason-
able physical behavior. However, Eq. (4) shows that the stochastic relic GWs background
contains every possible propagating direction, and because of stochastic fluctuation of the
amplitudes of the HFRGWs over their bandwidth, detection of the HFRGWs will be more
difficult than that of the monochromatic planc GWs. In this case, can the HFRGWSs be
selected and measured? In particular, if two HFRGWs have the same amplitude and fre-
quency, but propagate along the exactly opposite directions (standing wave), will their effect
be canceled and nullified? We shall show that in our EM system the EM perturbation pro-
duced by the HFRGWs, which propagate along the positive and negative directions of the
symmetrical axis (the z-axis ) of the GB, will be non-symmetric and the physical effect
generated by the HFRGWs propagating along other directions will be also quite different,
even if they satisfy the resonant condition {w. = wy), and only the HFRGW component
propagating along the positive direction of the symmetrical z—axis of the GB can generate
an optimal resonant response. Thus our EM system design will be very sensitive to the
propagating directions as well as the frequencies of the HFRGWs, and it may provide a
HFRGW map of the celestial sphere (similar to the map of the relic microwave background
provided by the Wilkinson Microwave Anisotropic Probe or WMAP).




[II. THE ELECTROMAGNETIC RESONANT SYSTEM: THE COUPLING SYS-
TEM OF THE FRACTAL MEMBRANES AND THE GAUSSIAN BEAM (GB)
PASSING THOUGH A STATIC MAGNETIC FIELD

Our EM system consists of the GB of a fundamental frequency mode {55] operating in
the GHz band immersed in a static magnetic field, with a new-type of fractal membranes
[56-58] to focus PPF signal along the detection axis. In order to consider resonant response
to the HFRGWs in the laboratory frame of reference, all parameters of the EM system
should be values in the frame of reference. The general form of the GB of a fundamental
frequency mode {55} is

'(,bu 2 1 2 ker2

. r . _
= W exp(—-ﬁ) exp {z[(kez — wet) — tan 7 + 5R + 5]} ) (27)

where 72 = 22 + 42, k, = 20/ X, f = aW3/Xe, W = Wy[1 + (/)Y R=z+ f* /2,90 i
the amplitude of electric (or magnetic) field of the GB, Who is the minimum spot radius, R is
the curvature radius of the wave fronts of the GB at z, w, is the angular frequency, e is the
EM wavelength, the z-axis is the symmetrical axis of the GB, and 4 is an arbitrary phase
factor. For the resonant response to a HFRGW, § is the phase difference between the GB
and the resonant component of the HFRGW. Using a new approach, different from Refs.
[21, 22], we choose the GB with the double transverse polarized electric modes (DTEM},
and utilize the coupling effect between the fractal membrane in the GHz band and the GB
passing through a static magnetic field. Indeed, the GBs with the DTEM exhibit more
realizable modes, they have been extensively discussed and applied in the closed resonant
cavities, open resonators and free space (55, 59-61], including the standing-wave-type and
traveling-wave-type GBs. Moreover, a very important property of the EM system is that
the PPF (signal) reflected or transmitted by the fractal membranes exhibits a very small
decay [56-58] in transit to the detectors (high-sensitivity microwave photon flux receivers)
compared with the very large decay (typical Gaussian decay rate) of the much stronger BPF.
This property provides a possibility to distinguish them in some suitable regions.

If the static magnetic field pointing along the y-axis is localized in the region —i; < z < Iy,
getting EY = ¥ = 4, and using divergenceless condition V- -E= % +- 9-%1 == () and
BO = -1V x E©® (we use MKS units), then we have
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B ==, EY=ty= / a"”f”dy—%(——ﬂ— f gody, EP =0, (28)

soy_ 100 mo_ _10%: g _ 1 % Ol
B; we 0z B, we Oz’ B; ( Oy Oz ), (29)
and )

a0 ) B (—h<z<h), (30)

0(z <~ and z > by),

where the superscript 0 denotes the background EM fields, the notations ~ and A
stand the time-dependent and static EM fields, respectively. For the high-frequency EM
power flux (or in quantum language: photon flux), only non-vanishing average values of

this with respect to time have an observable effect. From Egs. (27), (28), and (29), one finds

ngﬁ)zhie(ﬂ_(g(ﬂ) 0)) = mlﬁw {@z;*[ (a;p; %%’)]} fm’exp(*i—;;), (31)

1 1 -5
n) = ——(—(EBY) = 5

€

i r?
refuil G- B} = 10 oo, ()

i A 1 ==
W0 = s ((BOBP) - —(BPBY)

hwe Ho
o —atr [—(a‘””)]w;[wie(%”f)l}=f§°)exp(—gwr“z" )

where Aw, is the energy of single photon, nd ), ng}) and n represent the average values of

the z-, y—and z- components of the BPF densities, in units of photons per second per square
meter, propagating along the x-, y- and z-axes, respectively, the angular brackets denote the
average over time, f(o), 150) and f(o) are the functions of vy, Wp, we, 7 and z. Because of
the non-vanishing 2 and n(o) the GB will be asymptotically spread as |z| increases (i.e.,

the irradiance surface of the GB spreads out in the + z and — z directions).




IV. THE EM RESONANT RESPONSE TO THE HFRGWS

For the EM resonant response in the laboratory frame of reference, we should use the
intervals of laboratory time (i.e., cdt = a(n)dn) and laboratory frequency of the HFRGWs.
In this case, Eq.(4) can be written as

hix, ) = Alk;)/a(t) explilky x—wit)] + Blky)/a(t) explilly xtwgt),  (39)

where A/a and Bfe are the stochastic values of the amplitudes of the HFRGWs in the
laboratory frame of reference, k, and w, are the corresponding wave vector and angular
frequency in the frame of reference. Eq. (34) can be seen as the approximate form of
each “monochromatic polarization component” of the HFRGWs in the GHz band. In our
EM system, since only “monochromatic componen ? of the HFGW propagating along the
positive direction of the symmetrical axis (the z-axis) of the GB generates an optimal
resonant response (see Section V), our attention will be focused to a circular polarized
“monochromatic component” of the HFRGW in the z-direction, lLe.,
he = hyy = —hy = Agexp i (kg2 — wet)], (35)
he = hiz = ha1 = iAg exp [i (kez — wyt)],

where Ag, Ag = Al(kg)/a(t) [see Eq.(34)].Using the electrodynamical equations in the

curved spacetime
1 3
= 5 (VB o) = " (36)
VaFu + ViFay +Vubue =0, (37)

we can describe the EM perturbation produced by the HFRGWs in the EM system, where
F,, is the EM ficld tensor, and F,, = Fs) + F§), F&) and F) represent the background
and first-order perturbative EM fields respectively in the presence of the HFRGWs. J#
indicates the four-dimensional electric current density. For the EM response in vacuum,
J& =0 in Eq. (36). Because of the weak field property of the HFRGWs, the perturbation
methods will still be valid. Using Egs.(9),(10) and (13), then Eqs.(36), (37) can be reduced
to
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ot (KO + )] = (rodse + h@’@?ﬁ[:fmi:ﬁ (F9 + 7] |

Hzv (38)

Va (FQ -+ FD) + 9, (F9 + F) + 9, (K2 + FR) =0, (39)

Unlike plane monochromatic GWs, the amplitudes of the relic GW in Eq. (34) are not
constant, in this case solving Egs.(38) and (39) will often be difficult. In our case, fortunately,
since this is the EM response in the GHz band, and considering Eq.(35), the following

equivalent relations would be valid provided w, > afa, ie.,
d ) ,
7~ T VvV — ik, (40)

In this case the process of solving Eqs.(38) and (39) can be greatly simplified without
excluding their essential physical features.

Introducing Egs.(9),(10),(13) and (35) into Egs.(38) and (39), considering |hg!, |he| < 1,
using the equivalent relations, Eq. (40) and neglecting high-order infinitely small quantities,
the first-order perturbative EM fields generated by the direct interaction of the z-component
of a certain “monochromatic wave,” Eq.(35), with the static magnetic field 3},0) can be
given by [14, 21, 28]

BV = 1A 0BV kyc(z + 1) explikyz — wet)] + 1A@B§°)cexp[z(kgz + wgt)],

B = "A@Bm)kg(z + 1)) expli(kyz — wet)] — lAgB(O) expli(kyz + wgt)],

E(l) = _1A®B(O) kgc(z + 1) expli(kgz — wit)] + iA®B§,0)c expli(kyz + wyt)],
B = 1A®B(O}kg(z + 1) expli(kyz — wgt)] + ;}A®B§,ﬁ) expli(kyz + wyt)],

(41)

where Ag, Ag & A(kg)/a(t), [see, BEq. (34)},—h < 2z < Lo Equation {41) shows that the
first-order perturbative EM fields have a space accumulation effect (o< z) in the interacting
region: this is because the GWs (gravitons) and EM waves (photons) have the same
propagating velocity, so that the two waves can generate an optimum coherent effect it the
propagating direction {14, 28]. Such results and the calculation by Feynman perturbation
techniques in Ref.[14] are self-consistent. In our EM system, we shall neglect the EM

perturbation solution which describes the EM perturbation propagating along the negative
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direction of the z=—axis since it can not satisfy the boundary condition F‘ﬁ},} L= 0.
z=-—l1

Obviously, this is typical inverse Gertsenshtein effect {13]. From Eqgs. (28),(29), (30) and
(41), the total EM field tensors in the presence of the HFRGW can be written as

Fo.=F9 +EY

0 LED + By YED + B 0
| a2+ B0 0 B B EPEY |
| SLED + B BO 0 —~(BO+BMy |

0 ~BP +B" + BPy BY + BY 0

In our exemplar EM system we have chosen the GB power of P = 10W and the static
magnetic field of B,SO) — 3T, then corresponding magnetic field amplitude of the GB is only
B© ~ 10757, so the ratio of B® and the background static magnetic field E!(,ﬁ) is roughly
BO/ ﬁé.m ~ 1075. In this case we have neglected the perturbation EM fields produced by
the directed interaction of the HFRGW with the GB.
Using the generic expression of the energy-momentum tensor of the EM fields in GW
fields
T = —1—(-F£F”“ + 1Q"“”FmgF‘"ﬁ), {43}
Ho 4

we can calculate the perturbation to the energy-momentum of the EM fields in the GW
fields. Because of the weak field property of the HFRGWs, the energy-momentum tensor

T* can also be decomposed into

° @O @
TH = T 4 TH L T, (44)

{0} (1) (2)
where T* is the energy-momentum tensor of the background EM fields, T*¥and T*" are

()
first- and second- order perturbations to 7#” in the presence of the HFRGW. From Eqs.
0 Q) 2
(43) and (44), T%*,T* and T*" can be written as

(0) 1 o 1
" ) prrald v (@) paB(0
T — _._[_F:( frat0) 4 ZJ“ FoiF ©, (45)

v g 7 Lce 1 7 o 0) £
T ﬁ [ (F@ fre@) 4 Fu®) pre(@y 4 Zguv( Fﬁg FosO F(Eﬁ) FeB)y (46)

1w () ag(0)
— Zh# FaﬁF ( ]1
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@ 1. .- I ey = 1 . .
T — (PO Fe) 4 g FYFo00 - T (Fag FO0 + B PO, (47)

Egs. (41), (42), (46), and (47) show that the first-order perturbation Pl of the EM fields
(1)
tensor contains only the first-order term of the metric h, thus T# is proportional to the
(2)
first-order terms of h, while T"is proportional to the second- order terms of h. Because

the expected amplitude of HFRGWs in the GHz band would be only h~10"2-107% /v H

© O (2)
1,2, 7, 8, 40, 52],then for nonvanishing T*, T#*"and T+, we have

© @ @)
[T > | T* | > | T . (48)

(@) (2}
In this case, for the effect of the HFRGW, we are interested in T“” but not in T# and T#.

Considering the transverse and traceless (TT) gauge condition (B! = —h*? = hg, A =
B2 = hg hi = 0,k = h%? = p% = % = R% = b3 = 0), all novanishing components of
the first-order perturbation to T#generated by a “monochromatic component” propagafing

along the z-axis of the HFRGW can be written as

) 1 - - 1, = =
750 = L{(RO P00 1 FIOFO0) 1 LFRO0 4 FRFOO), (49
TBI (FO(O) Fla(l) + Fﬁ(l) Fla((})) (50)
P»O
(1) 1 - -
T% = — (PO B0 1 BP0, (51)
0
1) 1 - .
08 _ __‘u_‘g( FOO) fi3a(1) | fO) paa(0)) (52)
"y
i [ (Fl(o)Fla(l} + Fl(l}Fia(O)) 4= (F(I)Faﬁ(ﬂ) + F(D) Fuﬁ{l)) hllF(O) FO:B(O)] (53)
Ho
) 1 0 0
T22 _ [ ( Fz(o) Fra(l) + F2(1 an(o)) += ( F{ ) FoB0) + F( ) Fa,G(l)) hzz F( ) Faﬁ((})] (54)
G 1 3(0) F8a(l) |, F3(1) 3a(0) ~(1) B0 (0) Faf(l
™= _[I(.]-[_(Fa F ol + Fa( U )+ Z(Faﬁ FGB( ) + Faﬁ FGB( ))]’ (55)
{1) (1) 1 - - 1 0)
le T21 uﬂ [(F;(o)an(l) + F;(I) F2a{0)) + Zhleéﬁ Faﬁ(o)], (56)
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) 1 . -
T13 — T31 — "__[F;(ﬁ) F3a(1) T F;(l) FB&(O)]’ (57)

Hiy

1 (1) 1 - -

T2 — T32 — _M(Fg(O)FSQ(l) + Fi(l) 1;;|3cm(0))7 (58)
Ho

where il("lo)ﬂexpr%ses the first-order perturbation to the energy density of the EM fields, 17(‘10)1,
’_l("z"2 and ’_}%)3 indicate the first-order perturbations to the power flux densities of the EM fields
in the x-, y- and z- directions, respectively, while ’15"11)1 %’12)2 ’1‘{“13)3 1(“11)2 iﬁ’ll):"and 1(“12)3 represent
the first-order perturbations to the momentum fux density components of the EM fields.

By using Eqs. (27)-(30) and (41)-{43), we can calculate the ﬁrst—order PPFs produced
by the HFRGW. We shall focus our attention to the (1-component Tol[see Eq. (50)] of the

first-order perturbation: it expresses the x-component of the power flux density (Poynting
vector) of the EM fields, i.e., the first-order perturbative power flux density generated by
the coherent modulation of the preexisting z-component of background power flux. Thus,
the corresponding first-order PPF will be ¢/hwe. '_'l("lgl. In this case, although we do not know
value of the initial phase of “the resonant monochromatic componen " of the HFRGW in
the laboratory frame of reference due to its random distribution, setting the phase difference
& = /2 will always be possible by regulating the phase of the GB. The x-component of
PPF generated by the coherent synchro-resonance (we = w,) between the perturbative

EM fields, Eq. (41) and the GB, Egs. (27)- (29}, can then be expressed in the following form
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(1)

W= S s = < FoO Flel) 4 fO) Fla(0)>
n, oo, We=tg ﬂoﬁw +

We=lig

1 1 ~ i O P
— (1) ;30 — (V= * vz 270
ﬁ'we( E B )we—w_q 2ﬂ0ﬁ'we Re {Ey [we( 5’9 ox ):l }wg=w9

_ 1 [ AeBPukglath) (kgrﬂm_l _z_)+ As B poy(z + 1)
P, | dpoll + (/FPIP(z+ J2/2) 7\ 2R F1 7 2uoWS L+ (o PP

o8 Egﬁ —tan~! d €
2R 7)[oP

[Fl(y) sin (%ﬁz— — tan” f) + Faly) COS( 2;: - ;)} T [“W'Zf'z‘+

o4\ L] AeBPyo(z+h) ka? | a7
(ﬁ%“ﬁz)’”]'zxm[lﬁz/f)ﬂ]w [Fl(y)""s(zR -t %)

49:2 A B yoko(z + 1)
4uoR[1 ¥ (/AR

a? 2 (59)
(o) ()
- Fi(y) = J exp(—ifa) cos(4 ) (60)

Faly) = [ exp(—) sin(* *Vdy,

are the quasi-probability integrals.

It is very interesting to compare n®, Eq. (31), and n$), Bq. (59). From Egs. (28)
and (31), we can see that E® = 0 at the surface =0, thus ns ©._o = 0; while numerical
calculation shows that ngj )lm_g has maximum. This means that any photon measured
by a detector (a high-sensitivity microwave receiver) from ns )l:,,_g will be a signal of the
EM perturbation produced by the GW. Nevertheless, in the regions of z # 0, we have

ny) # 0. At first sight ng (1) will be swamped by the background nS?, so that ny has no

D and ng)} propagate

observable effect in this region. However, it will be shown that n;
along the opposite directions in some local regions, and they have the different rates of
decay. Thus ny) and 2 can be separated by the special fractal membranes (see below),

so that n&” (signal), in principle, would be observable. The total PPF passing through a

15




certain “typical receiving surface” As at the yz-plane will be
N = f f P |,—odydz. (61)
As

Notice that N is a unique non-vanishing photon flux passing through the surface i.e., a
number of photons per second. Egs. (59) and (60) show that n{ is an even function of
the coordinates x, thus ng}} has the same propagating direction in the regions of z > 0 and
z < 0; and at the same time, n is an odd function of the coordinate y, so the propagating
directions of n) are anti-symmetric to the regions of y > 0 and y < O(such property
ensured conservation of the total momentum in the coherent resonance interaction).
Considering the outgoing {and imploding, i.e., they go in both directions) property of NO
in the region z > 0(and z < 0) (this is a typical property of the GB [55]), it can be seen
that N and N® propagate along opposite directions in the regions of 1st (x,y,2 > 0),
3rd (z,y < 0,z > 0), 6th (z < O,y > 0,2z < 0) and 8th (z > 0,5,z < 0) octants of
the reacting region between the magnetic poles, while they have the same propagating
directions in the regions of 2nd, 4th, 5th and 7th octants. (see FIG1,FIG2,FIG3 and FIG4).
In our EM system example, all of the following parameters are chosen to exhibit values

that can be realized in the proposed laboratory experiments that is, they are state of the art:

(1) P=10W, the power of the GB. In this case, ¢y ~ 1.26 x 103Vm ™! for the GB of the
spot radius Wy = 0.05m. '

(2) E&G) — 3T, the strength of the background static magnetic field.

(3) 0 <y < Wy, 0 < z < 0.3m, the integration region As (the receiving surface of the
PPF) in Eq. (61), ie., As ~ 107 ?m?.

(4) I = I + I = 0.3m and 6m, the interacting dimensions {or reacting region) between
the relic GW and the static magnetic field.

(5) v. = v, = 5GHz(\, = 0.06m), this is typical frequency of the HFRGWs in the mi-
crowave band [1-6], and of the HFGW predicted by possible high-energy laboratory schemes
(9, 10].

FIG 5 gives result of numerical calculation for N FIG 6 is two dimensional description
of the numerical calculation for the perturbative photo flux density n, Eq. (59). From
Eqs.(59), (60) and (61), N¥and N{Vwe obtained in a 1Hz bandwidth are listed in TABLE .
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In fact, the expected root-mean-square (rms) value hyms in the GHz band of
the dimensionless amplitudes by the different cosmological models and parameters
are quite different[1-6, 42, 51} According to optimistic estimation, their or-
ders may be Apme~1072 —107% / VHz, while conservative estimation may be only
Rppe~e10734 — 1073 / VHz Ref. [40] provides a more average estimation for the r.m.s
value Apms~107%0 — 107% / VHz (see FIG 7). Thus in order to detect the HFRGWS in the
GHz band, the minimal detectable amplitudes of the detecting systems would be A ~ 1073
or less at least. Moreover, one often estimates the amplitudes of relic GWs by their energy
spectra, this is useful because it allows us to quickly evaluate the cosmological importance of
the generated field in a given frequency interval. However, as pointed out by Grishchuk i39],
the primary and more universal concept is the amplitude, not the spectrum density. It is
the field, not its energy density, which is directly measured by the GW detector. Therefore,
we listed the PPFs under the different amplitude conditions (Papm~10"2 — 1073 / VHz)
in a 1Hz bandwidth in TABLE 1. Of course, possible distribution region of the amplitude
magnitudes of the HFRGWSs may be only Rpms~1073¢ — 10732 / v/ Hz, there are no so strong
HFRGWSs of hypms~10"22 — 10728 / VHz, but the estimation of the PPFs can display detect-
ing ability and sensitivity of the EM system in the different amplitude conditions and in the
frequency region.

TABLE I shows that the most interesting region would be “typical receiving surface As”

= {} while Nél) E)has a, maximuin

at the yz-plane (ie., plane of z = 0), where N© o
(e.g., if A= hpps = 1079 / VHz and [ = 6m, then N =82l 10%s71).

We emphasize that for the HFRGW and for the constant amplitude plane HFGW,
even if they have the same amplitude firms = 1073 / v Hz and the frequency v = 5GHz,
their perturbative effects will be different. For the constant amplitude plane HFGW

propagating along the symmetrical axis z of the GB, it corresponds to a graviton flux of
N, = 3.77 x 105" at the cross section of the waist of the GB (here the minimum spot
radius of the GB is equal to 5 cm). Unlike the constant amplitude plane HFGW, due to
the random property of the HFRGWs, they contain every possible propagating direction,
thus, as mentioned above {Section II), the propagating directions of the relic gravitons are
nearing of state of isotropy. In this case, only small fraction of the relic gravitons will pass

through the cross section of the GB. However, the PPF generated by the resonant coherence
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modulation in our EM system is the first-order perturbation rather than the second-order
perturbation of usual cavity EM response to HFGWs. Therefore, the strength of PPF is
proportional to the square root \/Fg_ of the graviton flux [i.e., it is proportional to the
amplitude of the GW, see Eq. (59)] and not the graviton flux itself N, (i.e., the amplitude
squared of the GW). In this case, numerical calculation shows that if the deviation angle
from the z-axis of the propagating direction of the relic graviton flux is less than 10 degrees,
then its perturbative effect and that of the graviton flux propagating along the positive
direction of the z-axis (i.e., best resonant direction, see Section V) are nearly the same.
Consequently, if all relic gravitons propagating along the deviation angie region (# <109
and passing through the cross section of the GB are included, then the relic graviton flux
at the cross section will be N, ~ 2.89 x 10'4s™" at least. This means that in this case the
gap between the PPFs produced by the HFRGW and the constant amplitude HFGW will
be about 1-2 orders of magnitude: this is satisfactory. Notice that then ratio of the square

roots of such graviton fluxes will be

Ny relic Gw \/2.89 x 1014 o
- A 8.76 x 1077, 62
\/Ng plane GW 3.77 x 10%¢ 76> 10 (62)

{1)
From Eqs. (27)-(29), (41) and (51), we can calculate the 02-component T 02 of the first-order
(1
perturbation, and the corresponding PPF will be c/fwe T92 it expresses the first-order PPF
density ng.l} propagating along the y-direction. By using the similar means, we get n?(,l) as

follows:
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eV
n(l) _ ﬁw < 11102 >We=w'g= —_—

< OO f2el) | PO p2e) 5

€ Hﬂ e
1 L sy 5 1 = My, O
_ lawgos - _ an (MW= _ 0%y
" < ,U'UEI B >=mw, thweRe {E:c ( By e )}we_wg
- L { Ao B okgy (2 + 1) cos (kg’"z _ tan! E) Ao B oy (2 + 51)
P | dpio [L + 2/ 12 (2 + [2/2) 2R F) 2pgWR It + (2/ £

(=)o () () o
[Fl(y)cos(k2§ wa” f) Faly)sin (kmz ~ten” 9]_ 3
- (- e o= (i
7)o wyom (i - ) oo ()

By comparing with Eqs. (59) and (63), we can see that (1) n$" is also an even function of the

coordinates x and an odd function of the coordinates y. Thus ng,l) has the same propagating

direction in the regions of z >0 and x<0, and n,(f)has opposite propagating direction in the

regions of y>0 and y<0. However, unlike property of ni" =0, ngf') .= 0 and we
£=0 y=
also have n( ) = (. Therefore, n (1) and n(m have very similar distribution and behavior.

y=0
In other words, in almost all regions, ny) will be swamped by the background n.;“), ie. n&,l)

has no observable effect. (2) In our case, nx)depends only on the state of ®polarization
of the HFRGW and it is independent of the state of ®polarization of the HFRGW [see,
Eq. (59)], while ny o depends only on the state of @polarization state and is independents
of the state of ®@polarization [see, Eq. (63)]. Thus, the state of polarization displayable in
the EM system will be only the ®polarization component of the HFRGW rather than the
@polarization component.

The quantum picture of the above-mentioned process can be described as the resonant
interaction of the photons with the gravitons in a background of virtual photons (the statistic
magnetic field) as a catalyst [14, 62], i.e., the interaction involving elastic scattering of
the photons by the gravitons in the background of virtual photons (in the reacting region
between the magnet poles), which can greatly increase the interaction cross section between

the photons and the gravitons. In other words, the interaction may effectively change the
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physical behavior (e.g., propagating direction, distribution, polarization, and phase) of the
partial photons in the local regions, and it does not require the resonant conversion of
the gravitons to the photons, the latter corresponds to an extremely small conversion rate
111]. Consequently, even if the net increase of the photon rumber (the EM energy) of the
entire EM system approaches zero, then ope still might find an observable effect. In this
case the requirements of relative parameters can be greatly relaxed, such properties may
be very useful in order to detect the very weak signal of the HFRGWs. In the case of
astrophysical phenomenon, an analogous example is deflection of light (an EM wave beam)
in a gravitational field, which causes the deflection of the propagating direction of the light
ray, and although there is no any change of the photon number, there is an observable effect.
Of course in this process the interacting gravitational fields are static {e.g., the gravitational
field of the Sun). Thus there is no the frequency resonant effect between the GWs and
the EM waves and the space accumulation effect caused by the coherent interaction of
the two kinds of waves in the propagating direction, but huge celestial gravitational fields
compensate for such a shortcoming. In our system the change of the propagating directions
and distribution of the partial photons in the local regions is caused by the GW, while
the strong background static magnetic field provides a catalyst to enhance the resonant
 effect between the EM wave (the photon flux) and the GW (gravitons), whose coupling
compensates in part for the weakness of the HFRGWs.

V. THE SELECTION OF THE PERTURBATIVE PHOTON FLUXES

Because of the random property of the relic GWs, detection of the relic GWs will be more
difficult than that of the constant amplitude plane GWs. However, we shall show that only
the relic GW component propagating along the positive direction of the z-axis can generate
optimal resonant response. It is true that for the relic GW components propagating along
the z—, y— axes and negative direction of the z-axis, even if wy = we, the PPFs produced
by them will be much less than that generated by the relic GW component propagating
along the positive direction of the z-axis. Thus the perturbations produced by the relic GW
components propagating along the different directions cannot be counteracted. In FIG 8 we
draw the symmetrical axis (the z-axis) of the Gaussian beam and the propagating directions
kq of the arbitrary component of the relic GWs.
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In order to compare the PPFs generated by the different components of the HFRGW,
we shall discuss the perturbations caused by the HFRGW’s components propagating along

some typical directions.

A. The PPFs generated by the HFRGW components propagating along different

_directions

Here we sssume A = s = 10-% / VHZ, ve = v, = 5GHz, the detecting bandwidth is
one Hz.

(a) 8 = 0, i.e., the HFRGW component propagates along the positive direction of the
z-axis. Asis calculated: the PPF generated by the component may reach up to 8.21 x 10%s7!
in. a surface-of 10~2m? area, (see, TABLE I).

(b} @ = , i.e., the HFRGW component propagates along the negative direction of the
Z-aXis.

By using the similar means, one finds

1 A B vokay(la — 2) kgr? 2
D - . @y YoRgllia 1z
" T {4uo[1+(z/f)2]1f2(z+f2/z) sin (2’“9” T f)

Agég))qbgy(lg —2) kor? 1 ? 2
+ S WeL + (/[P cos | 2kyz + ﬁ —tan 7 el

1 472 A@BLU}%kg(lz —z) kg Lz
= {(1 ~ ) ks G [Risin (212 2y —an 2)
2 k2
er) o (ke + - 2 )| [+ (7 - i) 7| (64)

A®.B(0)¢0(12 _ z) k 12 4 2
4m[1y+ (z/Fy]/? [Fl(y)cos (Zk"zJ“ op ~ten f)

2 2
—Fa(y) sin (2]6 k;; —tan™?! %)] } exp (*%) .

Different from Eq. (59), each and all terms in Eq. (64) contain oscillating factor 2k,z. We
emphasize that 2kz = 209z for the high-frequency relic GW of v, = 5GH z, the factor 2kz

will play a major role in the region of the effective coherent resonance. In other words, the

sign of ni) will oscillate quickly and quasi-periodically change as the coordinate z in the
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region increases. Thus the total effective PPF passing through a certain “typical receiving
surface” will be much less than that generated by the relic GW component propagating
along the positive direction of the z-axis, (see Eq. (59) and TABLE II).

(c) @ = w/2, $=0, ie., the propagating direction of the relic GW component is
not only perpendicular to the symmetrical z-axis of the GB, but also perpendicular to
__the static magnetic field E‘,SB) directed along the y-axis so that it is along the x-axis.

~ls < z < ly. Utilizing the similar means the firsi-order perturbative EM fields gen-
erated by the direct interaction of the relic GW with the static magnetic field can be given by

ES = %Aeﬁéﬂ) kgc(m + l3) expli(kyx — wyt)] + %Aeéﬁf)c expli(kgr + wet)l,

BY = L AaBOky(a+ b eplillys — wyt)] - 1AsBY explilh + )]

EY = —%Agﬁg’)kgc(x + I3) expli(kyz — wyt)] + %Agﬁgo)cexp[i(kgx +wgt)], (65)
B = %A®B;°)kg(a: + l3) expli(k,x — wyt)] + %A@,B’g)) expli(kqyx + wyt)],

(s <z <ly)

In this case the coherent synchro-resonance (w, = w,) between the perturbative fields, Eq.

(65), and the GB can be expressed as the following of PPF density, i.e.,

1 E; z » ', -~ -
piohiwe [(E!('I) BO) + (E®BM) ~ (ED B;U))]

]- i1 )% ?' 6"/}1: adj ¥ D I * Z a"/):c
- g (B (o (- )| rwde e 2 (552) )

where B,Sg) and BY are the y— and z— components of the magnetic filed of the GB,

nd =

We=lWg

respectively, the angular brackets denote the average over time. Notice that we choose
the GB of the transverse electric modes, so Eﬁm = 0. By using the same method, we can

caleulate n$, Eq. (65). For example, first term in Eq. (66) can be written as
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+F2(y)oos( ko(z — z) + k2R2 tan ?) + [W2 +( Wé)x

Ag B;U)-%Doy(m + I3) [ ( B kyo* 2% )
PPN AT el G A A T R

—Fy(y) sin (kg(:r: 2) + % ~ tan ;)] }GXP(—%;),

(—ls <z <ly)

(67).

It can be shown that calculation for the 2nd and 3rd terms in Eq. (66) is quite similar to first
term, and they have the same orders of magnitude, we shall not repeat it here. Notice that
unlike 'n,g) produced by the relic GW component propagating along the positive direction of
the z-axis, the phase functions in Eq. (67) contain oscillating factor ky(z — z}, and because
it is always possible to choose Iy +1; > I, + I3, i.e., the dimension of the z-direction of Bg(,o)
is much larger than its z-direction dimension. Thus, the PPF expressed by Eq. (59) will be
much larger than that represented by Eq. (66) (see, TABLE II).

(d) 8 = w/2, ¢ = 7/2, ie., the relic GW component propagates along the y-axis, which
is parallel with the static magnetic field 31(,0).

According to the Einstein-Maxwell equations of the weak field, then the perturbation of
the GW to the static magnetic field vanishes [14, 28], i.e.,

) = 0. (68)

It is very interesting to compare nS in Egs. (59), (64), (67) and (68), as is shown that
although they all represent the PPFs propagating along the x-axis, their physical behaviors
are quite different. In the case of § = ¢ = /2, Y = 0, Eq. (68); when # = = and

23




0 = /2, ¢ = 0, the PPFs contain the oscillating factors 2k,z and k,{x — z), respectively
[see Eqs. (64) and (67)]. Only under the condition g = 0, does the PPF, Eq. (59), not contain
any oscillating factor, but only a slow variation function in the z direction. This means that
n produced by the relic GW component propagating along the positive direction of the z-
axis, has the best space accumulation effect (see TABLE II). Thus, as previously mentioned,
our EM system would be very sensitive to the propagating directions of the relic GWs. In
other words the EM system has a strong selection capability to the resonant components
from the stochastic relic GW background. Therefore, if real relic GW background has a
small deviation to the isotropy of space, then it should be possible to provide an HFRGW
map of the celestial sphere by changing the direction of the symmetrical axis of the GB, or
alternatively by the utilization of multiple EM detectors.

B. The separation of the PPFs (signal) from the BPF's

Tn recent years new types of fractal membranes have been suceessfully developed [56-
58]. Firstly, these fractal membranes can provide nearly total reflection for the EM waves
(photon flux) with certain frequencies in the GHz band; at the same time, they can provide
nearly total transmission for the photon fluxes with other frequencies in the GHz band
(the fractal-membrane pattern can be “significantly sub-wavelength in all dimensions” [56}).
Secondly, the photon fluxes reflected and transmitted by the fractal membranes can keep
their strength invariant within the distance of one meter from the fractal-membrane’s surface,
especially if the fractal-membrane reflectors are back-to-back very-shallow (or segmented)
paraboloid mirrors that focus the PPF on the detectors situated out along opposite ends
of the x-axis. In this case the diffracted focus spot at each detector exhibits a radius
of Ay/m = 6cm/m ~1.9lcm (area of ~ 10~4*m?) 9,10]. Thirdly, such frequencies can be
regulated in the GHz band. Since N {signal) and NO (background) propagate along the
negative and positive directions of the x-axis in the first octant (the region of z,y,z > 0),
respectively, ie., NS propagates along the direction toward the fractal membrane, while
Néo) propagates along the direction away from the fractal membrane (see FIG 9). Using the
reflecting fractal membranes with their plane or paraboloid faces normal to the x-axis, it
will reflect only N and not NO. Once N¥ is reflected (defined as NYYig will have the
same propagating direction as N,,(,O). However, after Nél) is reflected, it can keep its strength
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invariant within one meter distance from the fractal membrane [56, 57), while N decays
as the typical Gaussian decay rate exp(—ZWLz)[see, Eq. (31)] to each side of the GB (x and y
directed), then the ratio N /N (the signal-to-background noise ratio in the x-direction)
would be larger than one in the whole region of 0.35m < z < 1m (see, TABLE III, = is
the distance from the detectors to the fractal membranes). TABLE III shows that the BPF
N is much larger than the PPF NYin the region 0 < z < 35cm, while the NPand
N have the same order of magnitude at = 35.09¢m, and Nél)’v&ould be larger than N
in the region of z > 35¢m. In other words, in the region the signal-to-background noise
ratio Nély / N®%in the x-direction might gain up to a comparable order of magnitude. 1t
appears better to use the transmitting fractal membranes, because the PPF transmitted by
the fractal membrane can also keep its strength invariant within one meter to the membrane,
and the PPF does not change its propagating direction. In this case, the PPF detectors in
1st and 3rd octants in FIG 9 should be replaced by the detectors in 2nd and 4th octants in
FIG 10.

In fact, the circular polarized “monochromatic component” ,Eq.(35), is often called the
right-handed circular polarization, while a left-handed circular polarized component has
following form

he = b1 = —hgy = Ag exp [i (kyz — wet)],

hg = hia = hoy = —iAg exp [i (kgz — wgt)],
where Ag, Ay =~ A(kg) /a(t). In our EM system, according to Eqs.(35),(38),(39) and (69),
the propagating direction of N depends on the choice of circular polarization. Thus, if
the interacting “monochromatic component” is only the left-handed circular polarized state,
Eq.(69), then the propagating direction of N will be opposite to that generated by the
right-handed circular polarized component, Eq.(35), and then N and N2 propagate along
opposite directions in the regions of 2nd, 4th, 5th and 7th octants, while they have the same
propagating direction in the regions of 1st, 3rd, 6th and 8th octants. In such a case, the
distinguishable PPF from the BPF would be N in the regions of 2nd and 4th octants but
not in the regions of 1st and 3rd octants.

If the both circular polarizations exist at the same time (In this case the two polarized
states often have a certain phase difference. More detailed investigation for the issues will
be done elsewhere),then the PPFs (here we defined them as Nﬁ) and Nif—}, respectively)
generated by the right- and left-handed polarized circular components will propagate along
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the opposite directions in the every octant. One of them propagates along the positive
direction in the x-axis, and another one the negative direction in the x-axis. However,because
acting effects of fractal membranes to Ng) and N, i}} are quite different, one kind of the two
PPFs (N or N{J)) could be distinguished from the BPF.

For example, in the first-octant (the region of x,y,z>0) N, _S) and N S)I propagate along the
negative and positive directions in the x-axis, respectively. This means that Ni}} propagates
along the direction toward the fractal membrane, while N, i})i- and NV propagate along the
direction away from the fractal membrane (see also, Figs. 1, 9, and 10). In this case the
PPF reflected (or transmitted) by the fractal membrane will be only N but not NG
and N. Once Nﬁ) is reflected (or transmitted) by the fractal membrane, it will keep its
strength invariant within one meter distance from the fractal membrane [56, 57], while 0
decays as the typical Gaussian decay rate exp(—%,"—zf), Ni}); decay as the exp(-—%zg) [see also,
Eq.(59)]. Therefore, the ratio NE-) /NS)) would has a comparable order of magnitude in the
distance of 35cm<x<37cm from the fractal membrane (see also, Table III). In this case, in
principle, N'7 can still be distinguished from NO_ while the other one of the PPFs N
will be swamped by ) due to the same propagating direction and the similar decay way
of them. There is a similar property in the second octant (the region of x<0, y, z>0), unique
difference is that where NS} and N9 propagate along the opposite directions, while N, ﬁ)
and N propagate along the same direction. Thus the distinguishable PPF from the BPF
would be only N, ﬁ,} but not NS). Utilizing the similar means it can be shown that in the
1st, 2nd, 3rd and 4th octants, the distinguishable PPF from the BPF will be one kind of
the PPFs, namely, Ng) or NS)I .

Of course, if considering other possible noise sources and diffraction effects, the values
listed in TABLE T will be further reduced, thus an obvious gap still exists between the

theoretical schemes and reality.

V1. THE THERMAL NOISE AND THE EM NOISE.

At the moment there are no operating prototypes of the EM detecting system, although
relevant researches and construction of the EM detecting system are already in progress, it
is difficult to give a complete description for the noise issues. However, since our purpose is

display and detection of the PPF of about »=5GHz in the terminal microwave receiver, our
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attention will be focused into two key aspects:

{1). What are strength and physical behavior of the PPF (signal) and the BPY (back-
ground) reaching the microwave receiver;

(2). How to distinguish the PPF and other photons caused by noise, such as the thermal
noise, background noise and external EM noise. Here we shall give a very brief and rough
review.

Except for the background photon noise issue just mentioned, there are the thermal
noise sources and possible external EM noise sources. Because the frequency of the PPF
(signal) is roughly 5GHz, if the system is cooled down to KT < hw, (K is Boltzmann’s
constant, w, = 27w, v, = 5GH?2), e, T < fwe/K ~ 0.24K, then the frequency v of the
thermal photons will be less than the v, of the PPF. If the apparatus is kept to a lower
temperature, e.g., T < 0.024K or 24mK (this is well within the current technology), then
we have v, = 10~2y.. Thus the difference in the frequency band for such two kinds of
photons would be very great, i.e., the signal photon flux and the thermal photons can be
casily distinguished. In other words, practically speaking there are no thermal photons at
5GHz, and in this way the thermal noise can be suppressed as long as the EM detector
can select the correct frequency. Note that the low temperature is very convenient for the
operation of the superconductors and the strong static magnetic field.

For the possible external EM noise sources, using a Faraday cage or shielding covers
made from such fractal membranes [56-58], or from a tight mosaic of superconductor chips
on the inside surface of the detector’s cryogenic containment vessel, would be very effective.
Moreover, a good “microwave darkroom” can provide an effective shielding environment,
and in this case possible dielectric dissipation (using a vacuum operation) can be effectively
suppressed. In this case one would obtain a suitable environment for a measurable signal-
to-noise ratio.

Also, the superposition of the relic GW stochastic components will cause the fluctnation
of the PPFs, even if such “monochromatic components” all satisfy the frequency resonant
condition (w, = w,). However, Eqs. (59), (61), (64), (67) and (68) show that the metric
perturbation only influences the strength fluctuation of the PPFs and does not influence
the “direction resonance.” That is, it does not influence the selection capability of the EM
system to the propagating directions of the relic GWs, and it does not influence average

effect over time of the PPFs.
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In addition, the values of the PPFs discussed in the present paper depend on the strength
of the HFRGWs in the GHz band expected by the QIM and other relevant string cosmology
scenarios (e.g., see Refs, [1-7]). Because such models and scenarios are somewhat contro-
versial, we cannot know in advance how accurate these models and scenarios might be. If
the strength of the real HFRGWs in the GHz band are much less than the magnitude ex-
pected by such models and scenarios, even if the required conditions can be satisfied and
one might still not be able to detect and measure such HFRGWs, then the HFRGW models
will be corrected. Thus, this scheme might provide an indirect way to test such models and
scenarios, that is, as suggested by Brustein et al. [63], a null experiment would be valuable.
Tn any event, the HFGW generator and detector experiment described in Ref. [9, 10|, which
operate at about the same frequencies as the HFRGWs, will prove the concept of the present
detector independently from cosmological experiments.

Moreover, there are some issues and problems need further investigation. For example,
how to generate a typical and high-quality GB, how to suppress distortion of the spot radius
of the GB and align it, what is concrete correction to the PPF caused the higher order
modes of the GB, how to further estimate and analysis the relevant noise sources, what
are concrete influence and correction of the fractal membranes (or plates) to the GB itsell,
how to estimate and effectively suppress diffraction effect by new materials, (e.g. the fractal
membranes), how to ensure a good vacuum to avoid the scattering of photons and dielectric
dissipaﬂqg caused by the dust and other particles, etc. All these issues and problems need
careful theoretical and experimental study. More detailed investigation concerning such

issues will be an object of further research and will be studied elsewhere.

VII. CONCLUDING REMARKS T

1. Although usual analytic expressions of the relic GWs are often complicated, the high-
frequency asymptotic behavior of them in the microwave band can be expressed as
simpler forms, and they can be described as superposition of all quasi-monochromatic
components. The energy density of the HFRGWs is positive definite, and their mo-
mentum densities have reasonable physical behavior, the EM resonant response of the
HFRGWs in the laboratory frame of reference can be treated as resonance interaction

of the quasi-monochromatic HFGWs with the EM fields.
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2. Under the synchroresonance condition, coherent modulation of the HFRGW to the
preexisting transverse BPFs would produce the transverse PPFs, the PPFs propagat-
ing along two orthogonal directions of the double transverse polarized electric modes
of the GB are generated by the pure ® polarization and the pure @polarization states
of the HFGW, respectively. The former has mammum at the longitudinal symmetrical
surface of the GB where the transverse BPF vanishes, but the later and the BPF have
the same distribution. Thus, the former may provide an observable effect while the

latter will be swamped by the BPF.

3. The PPF reflected or transmitted by the fractal membranes exhibits a very small decay
compared with the much stronger BPF. In our case this is the PPF produced by the
pure ® polarization state of the HFGW. Another interesting area would be the region
in which the PPF and the BPF might reach up a comparable order of magnitude.

4. Although an obvious gap still exists between the theoretical estimation and reality,
there are a potential advanced space and new ways [64-67] to further improve the
sensitivity and the detecting ability of the EM system. These new ways and technol-
ogy will include generation of super-strong static magnetic fields (e.g., use of crystal
channel effect), ultra-high sensitivity microwave single photon detectors such as a cir-
cuit Quantum Electrodynamics device (CQED) photon detector, Ryberg Atom Cavity
detector, SQUID array mux, Josephon Junction Arrays, etc., and possible optimized
combination of them. They are possible to further narrow such gap and provide new

protise.
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FIG. 1: ."u"ll:l]inguf_Ll} and Pq";,l._mfh:u'.icgrmmd] in 1st (x,7,2>0), 2nd (x<0, y,z=0), 3rd (xy <(,z=({)
and 4dth (x=0,y<0,z>0) octants. N}”nnri eru"' propagate along opposite directions in the regions
of 15t and 3rd octants, while they have the same propagating directions in the region of 2nd and

4th octants.
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FIG. 3: NV and N9 in the 5th (xy>0.2<0), 6th (x<0, y>0, 2<0), Tth (x,y,2<0) and &th
(x=0,y,5=l) octants, Ni”nnd Ng” propagate along oppaosite directions in the regions of Gth and

8th octants, while they have the same propagating directions in the regions of 5th and Tth octants,
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TABLE I: The z-component of PPFs and relevant parameters. Here A is the root-means square
value of the HFGW amplitudes, { is interacting dimensions between the HFGWs and the static

magnetic field, N_,,(:U)aud Nél) are the x-components of BPF and PPF, respectively.

AHZF  I=h+bLm) NO6YH NP6 MO N (s

z = 0{cm) z = 3.5{cm)

10~ 6 0 8.21 x 1010 1.24 x 10% 3.54 x 10'C
1072 6 0 821 x 105 1.24 x 1022 3.54 x 108
1072 6 0 8.21 x 108 1.24 x 10?22 3.54 x 10°
1028 6 0 8.21 x 10* 124 x10%2 354 x 10*
10730 6 0 8.21 x 107 124 x 10%  3.54 x 10°
10732 6 0 8.21 1.24 x 10%2 3.54
10~ 6 0 0 1.24 x 10% 0
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FIG. 8: The z-axis is the symmetrical axis of the Gaussian beam, k, represents the propagating

direction of the arbitrary component of the relic GW.
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TABLE II: The PPF's generated by the resonant HFGW components propagating along the differ-
ent directions, here BO) = 3T Ag, Ag ~ 10730 /v/Hz, vy = 5GHz, Iz + 1 = 6m,

Propagating directions of the N (s1)
resonant components of the

relic HFGWs

z 8.21 x 102
-% ] 2.04x10

x 4.07x107!
y 0
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FIG. 9: N, N9 and N in the 1st and 3rd octants. After N1 is reflected by the fractal
membrane, (eg., N in the 1st and 3rd petants), NIU]r and N2 will have the same propagating
direction. However, Ni]]r can keep its strength invarant within one meter to the membrane (see,
o.g., Refs. [56, 67]), while N decays as the typical off-axis (radial distance r) Gaussian decay
rate exp(—2r?/W?) [see, Eq.(31)] and attenuated further by superconducting baffles, then the ratio
N-,,[-_I § f.""r’_im would be larger than one in the whole region of 0.35m < & < 1lm, although N,I[,“} P }'"."i.] 3

in the region of () < ¢ < 0.35m.
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FIG. 10: NI, Nf and N in the 2nd and 4th octants. Unlike Fig.9, here NV is the PPF

transmitted by the transmitting fractal membrane, then the PPF detectors should be put in the

2nd and 4th oetants
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TABLE I1I: Comparison of the PPF reflected or transmitted by the fractal membrane and the
BPF in the z-direction, here B® = 3T, hpme ~ 107"/ Hz, vy = 5GHz, Iy + I; = 6m and
detecting bandwidth Awv = 1Hz. The PPF N reflected or transmitted (defined as N jby the
fractal membrane can nearly keep its strength invariant nearly within one meter distance from the
membrane [56-58] (or even more attenuated by superconductor baffles along the x-axis). Even if
according to most conservative estimation to the fractal membranes [68], the photon flux reflected
or transmitted by the fractal membranes can keep ninety percent of its strength at the position of
one meter distanes from the fructal membranes. Here our comparison is just from this conservative
estimation, Thus the N}l}r and N would have a comparable order of magnitude in the region

J5em< z < 3Tem (over a diffraction-limited spot area of ~3x10~* m?).

The distance to the fractal 0 3.50 32.59 35.09 37.00

membrane|cm )
10 (g-1y (0 1241022 6.73x10° 820x102  3.50
NV (51 R21x10% B.18x107 T7.04x107 7.092x10% 7.00x10
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